BA1 TAP 6

TicH PHAN BO1

Bai 1. Tinh tich phan [/ cos (x + y) de dy trong dé A 1a tam gide duoc giéi han boi
A
cic dudng thang ¢ = 0, y = « vh y = .

Bai 2. Tinh cac tich phan sau day

(a)

// x?>dxdy.

2?2 y<w

// (m2 — y2) e®dxdy.

z24+y%<1
1<z+y
ysz

// x cos\/x2 + y2dxdy.

oysz
x?4y? <n?

|| wdzay.

1<zy<2
1< % <2

Bai 3. Ding toa do cuc ching minh ring

// e (@) dedy = = (1 - %) :

x2+y2<1
// (m2 + yz) dxzdy.

Bai 4. Tinh tich phan sau

xt+y2<1
Bai 5. Tinh tich phan sau
[ vtazan
D
trong d6 D = {(m,y) ER2:zx >0, <§—j+z—j)2 < ﬁ—j — g—j} véi a, b > 0.

Bai 6. Tinh tich phan sau
/ |cos (x + y)| dx dy.

0<z,y<m



Bai 7. St dung phép doi bién « = hay tinh tich phan

uz—j_,l,z) Yy = u2+ 2
// dxzdy
(2 + y?)*
trong dé D 14 mién dwoc gii han boi cdc duong cong x2 4+ y? — 2 = 0, =2 +
y? —4x =022 +y? -2y =0, 22+ y2 — 6y = 0.

Bai 8. Tinh tich phan [[ y*>dx dy trong dé D la mién duge gidi han bdi truc hoanh va
D

cung thit nhit cia duong cycloide

xr=t—sint , y=1—cost , 0<t<2m.

x?sinx
//71n ydmdy
Yy
A

trong dé A la mién duoc giéi han bdi bon parabol £2 = y, 22 = 2y, y? = 3x vi

Bai 9. Tinh tich phan

y? = 4x.

Bai 10. Tinh tich phan
x 7\’
/ / —+,4/=) dxdy
a b
D

trong d6 D la mién dwoc gidi han boi céc truc toa do va boi parabol /2 + \/% = 1.

Bai 11. Véi moi ham f duoc cho dudi day, hay tinh céc tich phan sau

[ae [t@way . [y [t@wde . [ 1f@w)ldedy.

[0,1] [0,1] [0,1] [0,1] [0,1]x[0,1]

— _2?—y?
(a) f(m’y) - (:z:2+y2)2'
(b)
-3 .
Flzy) = (m—%) neu0<y<‘m—%‘,
,Y) =

néu nguoc lai.

(¢) f(zyy) = (1 —2y) P, p>0.

// zydxdy

o<zl
a<y<b

1,..b_ ,.a 1 b
y/f—ﬁﬂmzm to
0

Inx 1+a

Bai 12. V6i 0 < a < b hiy tinh

tur do suy ra




Bai 13.

Bai 14.

Bai 15.

Bai 16.

Bai 17.

Bai 18.

Bai 19.

Bai 20.

St dung phép doi bién u = y? — 2, v = xy, hay tinh tich phan

// (y2 — mz)my (m2 + y2) dxdy

trong dé D la mién nam trong géc phan tu thit nhit bi gidi han bdi cic duong

congy=x,y =z2+1,zy=1 zy = 2.

Chiing minh rang
2
//ln|sin(m —y)|dedy = —?ln2
D

trong d6 D = {(x,y) E R?: 0 < x <y < 7}

Tinh tich phan

// (m2 + y2) In (m2 + yz) dx dy.

x?+92<1

// (Inz + ;inmy(;l(lacy —2) =In2.

[0,1] x[0,1]

Chiing minh rang

Chiing minh rang

dz dy _+°° (=)™
/I T Vi-0-y = ent1)

[0,1]x[0,1] n=0

St dung phép doi bién u = & + y, v = & — y, hay tinh tich phan

// / 3y
o<z,y 1 + (m + y)3
z+y<1

0</m/y (1+ ;)m(fi z?y)

/+°° Inx
dzx.
0 2 —1

dxzdy.

Tinh tich phan

tir d6 suy ra gia tri cia

Tinh cac tich phan sau
(a) [[[ zdxdydz trong d6 B la mién gidi han boéi mét nén 22 =
B

vh mat phang z = h.

A (@2 + y?)



(b) [[] 22dx dy dz trong A6 C la phan chung cua hai hinh cau 2 4+ y? 4 22 <
1%2 vh 22 + y? + 22 < 2R=z.
©) [[[(x+y+ 2)*dzdydz trong A6 D la phin chung ctia paraboloid x?2 +
yD2 < 2az va hinh cau 2 + y? + 22 < 3a?.
Bai 21. Tinh cac tich phan sau

(a)

/// (m2+y2+z2) dxdydz.

||+ |yl +]=|<1

JJ] 1aldzayaz.

z2+y?+22<1

/// (m2+y2+z2) e*dxdydz.

max{|z|;|y|;|z[}<1

/// rxyzdxdydz.

Ogm’y’z
z?+y?+22<1

TYyz
///7dmdydz
m2+y2
D

trong d6 D 1a vat thé gidi han phia trén bdi mat (x2 + y2 + 22)? = zy va phia

Bai 22. Tinh tich phan

dudi boi mat z = 0.
Bai 23. Tinh thé tich cla vat thé gii han bdi mat

(a) (2 +y*)? + 2 =y
2 2 z2 2 1132
0 (F+E+5) =5
© @)+ E)+E)>=1
Bai 24. Tinh thé tich cla vat thé giéi han bdi cdc mat
ax + by + ciz = th,
asx + bay + coz = th,
asx + b3y + c3z = thg
ar by c

trong d6 hq, ha, hg > 0 va dinh thic | ay by co | # 0.

az bz c3



Bai 25. Tinh cac tich phan sau

(a)

TYz
dxdydz.
/// Vazz? + B2y + 4222 y

x,y,z>0
24+ y? 4+ 22 <R?

vz dxdydz.
ac2—|—y + 22

z>0

z2 y- z <1

a b2 c_z\

ml

Bai 26. Vi moi 0 < n € N ta ky hiéu
D, = {m = (X1, T2y ees Tp) ER™ 1 x; > O,ka < 1}.

V6i0 < k; €N, i =1,n, tihh [ zzs...zk de.
D,

Bai 27. Tinh thé tich clia véat thé gidi han bdi mat tru elliptic ﬁ—j + 3;—; = 1, mit phang

N o . 2 2
z = 0 va mat paraboloid :’)—2 + 3—2 = z.

Bai 28. S dung phép d6i bién ¢ +y + 2z = u, y + z = uv, z = wow, hay tinh tich phan

///myz(l—m—y—z)dmdydz

trong d6 D la 1t dién gidi hanbdix >0,y >0,z >0vaxz +y+ 2z < 1.

Bai 29. Bang phép doi bién u = 5 v=73—yva chuyén sang hé toa do cuc hay tim

cos x *
// ( - - ) dzdy < a.
1 —sinzsiny

0<z,y<y

gia tri a sao cho

Bai 30. Str dung phép déi bién (x,y, z) = (w, v, u) hay tinh tich phan

m4+2y4
/// ot + 4yt + 24

z2+y?+22<1

-1 1

Bai 31. Bang phép d6i bién u = tg 5,V = tg™! Lw=tg7 Zva chuyén sang hé toa

/// dxdydz
1 —cosmcosycosz.

0<=13,y,z<71'

dd cau hay tinh tich phan




Bai 32.

Bai 33.

Bai 34.

Bai 35.

Bai 36.

Bai 37.

Tinh tich phan

/// 1+ a;:;)il(lld—lz— y?z2)

o<z,y<1
0=z
tir d6 suy ra gia tri cia
2

—+ oo t —1
/ ( & m) dz.
0 xr

Y , AR 2 2 N 2 N A ~
Bang phép doi bién € = ua, y = v#, z = w~ va chuyén sang hé toa do cau hay

tim céc s6 thue o, B, v sao cho

/// dxdydz <4
1+ x>+ yB 4 27 >

o<z,y,z

tir d6 tinh gid tri cta tich phan.

Tinh
dxdydz
(1422 +y2 +22)"
[0,1]x[0,1] x[0,1]
Ching minh cong thitc thé tich hinh ciu n chiéu tdm tai géc O ban kinh 1

/ dz;dzs...dx,, = -

2+x2+..+x2<1

™
1

r(1+3%)
Tim thé tich clia phitc n-chiéu T, x4c dinh boi

T, - L1, L2y s Ty = 0,
<1

Ty + 22+ .. + Ty

Chiing minh d6i véi moi 4nh xa tuyén tinh (cho dudi dang ma tran) g : R™ — R™
thé tich ctia anh g(P) bang |det g| v (P) d6i véi moi hinh hop P C R™.



